
Exercises
E9.4 [0MZ] Given 𝑓, 𝑔 continuous functions on ℝ, we define

𝑑(𝑓, 𝑔) = sup
𝑥∈ℝ

|𝑓(𝑥) − 𝑔(𝑥)| .

Prove that 𝑑 is a distance on 𝑋 = 𝐶(ℝ), in the extended sense of
the exercise [0MX].
Let 𝑓 ∼ 𝑔 ⟺ 𝑑(𝑓, 𝑔) < ∞ as before, show that the family of
equivalence classes 𝑋/∼ has the cardinality of the continuum.

Solution 1. [0N0]
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