
Exercises

E13.20 [15F] Difficulty:*.Let (𝑋1, 𝑑1) and (𝑋2, 𝑑2) metric spaces, with

(𝑋2, 𝑑2) complete. Let 𝐴 ⊂ 𝑋1 and 𝑓 ∶ 𝐴 → 𝑋2 be a uniformly

continuous function. Show that there is a uniformly continuous

function 𝑔 ∶ 𝐴 → 𝑋2 extending 𝑓; In addition, the extension 𝑔 is

unique.

Note that if 𝜔 is a continuity modulus for 𝑓 then it is also a conti-

nuity modulus for 𝑔. (We assume that 𝜔 is continuous, or, at least,

that it is upper semicontinuous).

Solution 1. [15G]
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