Exercises
E15.d.3 [1921 Let f : [0,00) — R be concave, with f(0) = 0 and f
continuous in zero.

* Prove that f is subadditive, i.e.

FO+f) = ft+9)

for every t,s > 0. If moreover f is strictly concave and ¢t > 0
then
FO+f()> ft+5).
* Prove that, if Vx, f(x) > 0, then f is weakly increasing.

* The other way around? Find an example of f : [0, 00) — [0, 00)
with f(0) = 0, continuous, monotonic increasing and subaddi-
tive, but not concave.
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