Exercises
E23.4 [10k]Prerequisites: [1QH].
Describe all the differentiable functions f : R — R that solve

Vx, (f(0) + (f(x)* =1.

Show that if —1 < f(x) < 1 for x € I open interval, then f is a
sine arc, for x € I.

Show that all solutions are C!, and that they are piecewise C*.

Note that f = 1 and f = —1 are envelopes of the other solutions,
as explained in the section [1gg].

(1)

Figure 9: Figure for [1ax]
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