Exercises
'24.1 [1T9] Note:reworked from the written exam held January 26th, 2016.

Let (q,)n>1 be an enumeration of the rationals of (0, 1) and define

fo= > 2

n:qup<t

and

gn= Y 2

n:qu<t
fort € (0,1).
 Show that f, g are strictly increasing.

* Calculate limits for ¢ | O and ¢ 1 1.

 Show that f is left continuous, g is right continuous, and that
lim f(z) =g@) , lim g(r)= f(t)
T>t+ T—t—

* Also show that f is discontinuous in ¢ if and only if t € Q N
(0,1); and similarly for g.

» What changes if we replace 27" with the term a,, of an abso-
lutely convergent series?

Solution 1. 1757
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