
Proposition 6.24. [20B] Let 𝐴 ⊆ ℝ not empty, let 𝑙 ∈ ℝ ∪ {−∞}; the
following properties apply:
inf𝐴 ≥ 𝑙 ∀𝑥 ∈ 𝐴, 𝑥 ≥ 𝑙
inf𝐴 < 𝑙 ∃𝑥 ∈ 𝐴, 𝑥 < 𝑙
inf𝐴 > 𝑙 ∃ℎ > 𝑙, ∀𝑥 ∈ 𝐴, 𝑥 ≥ ℎ
inf𝐴 ≤ 𝑙 ∀ℎ > 𝑙, ∃𝑥 ∈ 𝐴, 𝑥 < ℎ

If 𝑙 ≠ −∞ then also we write (substituting ℎ = 𝑙 + 𝜀)
inf𝐴 > 𝑙 ∃𝜀 > 0, ∀𝑥 ∈ 𝐴, 𝑥 ≥ 𝑙 + 𝜀
inf𝐴 ≤ 𝑙 ∀𝜀 > 0, ∃𝑥 ∈ 𝐴, 𝑥 ≤ 𝑙 + 𝜀
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